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COMPENSATED INCOME IN CONSUMPTION-SAVING LCONOMY

1. INTRODUCTION AND THLORETICAL PRELIMINARIES

In all-consumption economies all income is used in consumption
and therefore saving is identically zero. The allocation of
income Y (which equals here total consumption expenditure C)
into different commodity categories is carried out according

to the ordinary theory of consumer's choise: i.e. by maximizing
a continuous, increasing and quasiconcave utility function

u(a) = u(ql,...,qn) under the budget constraint ‘glpiqi =p.q<y,
where p = (pl,..,pn) is the vector of exogenéus.;;ices.

By the increasingness (or nonsatiety) assumption the optimum 3
is attained in the boundary of budget constraint and therefore
2ll income will be spent in consumﬁtion: p° a = Y. The demand
functions are given by the demand system a = h(p,Y), whgre

h: REII » R], is the vector valued function of exogenous
prices and income (or expenditure). The minimum cost of

achieving a given utility level u when prices are p

¢} C(p,u): =min{ C{C>p-q & u(q) = u}
defines the cost function C: Rf:l-+ R,, in terms of prices
and utilityll (Shortly:C(p,u) = "cost of utility'" = cost of

utility level u under p-prices). Somctimes the cost function
is defined as a function C*(p,q) of prices p and quantitics q

determining the utility level:

1) The symbol: =means that the expressionon left of it (here
C{p,u)) is by definiticn cqual to the cxpression.

(2) C*(p,a): = C(p,u(al)

: =min{C[C>p-q & u(q) = u(q)}.

The Konils cost of living indexl) L
(3) p(p',p’; w) EEE;:EZ
PP ;5 u =
C(p ,u)

tells how much more income is needed to buy a given utility

1

level u in the case of p -prices than under po—prices. (Shortly:

P(pl,po; u) = relative cost of utility u in two price situations).
Usually the relative cost of the "old" utility level u0 = u(qo),
q° = h(po,Co) is calculated, which gives the Laspeyres' type °
Konilis cost of living index:

cetu?) el

R .

(4) pept,p’; w0y =

cop’,u c

The Allen quantity index?)

. cpru@h))  c*(p,qh)
(5) Q(q7,q9 5 p) = 0 o [
Cp,u@®))  c*(p.q")

1) Sce Diewert (1979, p. 5 ). Samuelson & Swamy (1974) call it
the Economic Price Index.

2) In Dicwert's (1979, p. 16) terminology. Samuclson & Swamy
(1974) call it the Lconomic Quantity Index.



tells how much more income is needed the buy the utility level < .
tells & Y v This far we have considered only all-consumption cconomies.

1 ; 1 & 0 . pepTi q .
u(q) determined by q than that of g under p-prices. (Shortly: We have given a general method to determine whether a given

Q(ql,qo; p) = relative cost of two utility levels under p- q1 - h(pl,cl) is preferred to q0 = h(pO,CO) or not: if the

prices). The Paasche's type Allen quantity index actual relative change in expenditure (Eﬁ-l) exceeds the
Lz C(pl,u(ql)) Cl relative change in prices, P(pl,po; uo) - 1. The Koniis cost

6) Qa*,a%; p ) = C[pl’u(qo)j = C(pl,uo) of living index P(pl,po; uD) makes it possible to calculate

also a hypothetical income (or expenditure)

and the Laspeyres' type of Konilis cost of living index (4)

8 el = 1 .0, 0,00
satisfy (8) C Pip~sp 3 wW)C" 5
1 2 2
"N p(pt,p’s uo)Q(ql,qo; ph) = %U. which is just enough for the consumer to maintain the old
: level of consumption although the prices have changed, bO_’pl_

-1 .
Here C~ is the compensated gxpenditurc (compensating for the

Therefore (6) results by deflating the expenditure ratio Cl/C0

i 4 =1 0 . . .
by (4). This is the familiar procedure to calculate the quantity price change), € 'lc is the compensation in money units (say
index by deflating the value ratio by the price index. It shows

; e ol 0.0
that if the value ratio Cl/Co is known and the price index in per cents. E.g. if P(p7,p"; u’) = 1.10 then 10 % more income

P(pl,po; uo) may be approximated accurately (as is usually is needed to buy the old level of consumption.

the case) then also the quantity index Q(ql,qo;.pl) is well

In an alternative approach the indirect utility function

approximated. Especially if P(pl,po; uo) = C1/C0 then

Q(ql,qo; pl) = 1, which implies that ql and q0 lie on the
some utility surface, and are indifferent. This is the situation ) v(p,C) = max{u(q) [p-qsC}
when the chaﬁge CO-’C1 in expenditure is all needed to compensate - % 1)
for the price .change p0 - pl . p-qsC
= u(h(p,C))
In addition the quantity index Q(ql,qo; pl) = [C1/C0]/P(pl,p0; uo)
exceeds (fzlls short of) 1 if and only i q1 lics on a higher is applied. Indirect utility function (p,C)=v(p,C) gives the
(lower) utility surfacc than qo, sec Vartia (1978b) and maximum utility u(q) attainable with p-prices an; P —

Dicwert (1979, p. 16).

‘do. C _ 1.0
dollars) and 100(?- 1) = 100(P(p*,p%; u% - 1) is the compensation



expenditure C. If a direct utility function q-u(q) is given,

then v(p,C) may be calculated by (9). Alternatively, if a

n+l

function v: R Forn

- Rwith characteristic properties of an
indirect utility function to be listed later is given, then
the direct utility function u: R, - R may be defined as

b 2

follows (r = p/C = vector of normglized prices)

(10) u(q) = min{vlv = v(p,C) & p-q<C}

P

h]

min{ v(r,1) | r.q<1}
I

min v(r,1) .
rsqegl

Or define the (normalized shadow) price function q-1y(q) as

the vector of normalized prices T= ¥(a) which minimizes v(r,1)

under condition r- q<1 for a given q. Then we have

(}l) u(q) = v(¥(q), 1) ,

which is dual to v(p,C) = u(h(p,C)) or Vilr,d) u(h(r,1)).

In differentiable cases the demand function a = h(r,1) = h(p/C,1)

and the price function (or the inverse demand function) 7 = ¥ (q)

are detcrmined straightforwardly by Roy's Theorem

v »1 W1, .es, 5
(12) h(r,1) = iy 1 _ (vy(r,1) v (r,1)) ’
n
V\T(T,l) LR o '}: Vi(r’l)ri

i=1

wvhere vi(r,lj = av(r,l)/ari and by Wold's Theorem

vu(q) (uy(Q)se..,u,(q))
(13) b)) = = : .

n
vu(q) - q _Zlui(q)qi
1=

Note that the (direct or ordinary) demand function a = h(r,1)
is calculated by Roy's Theorem from the indirect utility function
v(r,1), while the inverse demand function T = y(q) is calculated

by Wold's Theorem from the (direct) utility function u(q).

Therefore to derive the direct demand function h(r,1) = h(p,C),
where p = Cr, the knowledge of an indirect utility function

v(r,1) is most convenient. Next we list some sufficient properties
which quarantee a function r-+v(r,1l) from Rf+ to R to be an
indirect utility function, see Afriat (1972, p. 34), Diewert

(1974, 1979), Blackorby, Primont and Russel (1978) or Weymark (1979).
Note that v(r,1) = v(p,C), where p = Cr, gives the definition

of v(p,C) for any (p,C) € R?+ . We list the relevant pfoperties

both for v(r,1) and v(p,C).

Conditions A on v(r,1):

Al: v(r,1) is a continuous function from m§+ to R

A2: v(r,1) is decreasing, i.e. if §i> ry for all i, then

v(r,1) <v(r,1).

A3: v(r,1) is quasiconvex, i.e. the set of normalized prices r
worth of v at most W(v) ={r|v(r,1) <v} is convex for any

ve R (Wcomes from worse).



The level sets or indifference surfaces of v(r,1)} look the
same as those of the direct utility function u(q), i.e. they

are totally "above' any of their tangent planes.

Conditions A on v(p,C):

Al: v(r,1) satisfies Conditions A

A2: v(p,C) is homogenous of degree zero, i.e.

v(Ap,AC) = v(p,C) for all x> 0.

From Conditions A it follows e.g. that v(p,C) is decreasing in
prices p, increasing in consumption expenditure -C and quasiconvex

with respect to prices p for any C.

Omitting some technical problems connected with the boundary of
Rf+ (i.e. zeros and infinities, see Diewert (1974, 1979)) any
indirect utility v(r,l) satisfying A determines by use of (10)
a unique direct utility function u(q). The resulting function

u(q) satisfies

Conditions B on u(q):

Bl: u(q) is a continuous function from R3+ to R

B2: u(q) is increasing: i.e. if ai> a3 for ail i, then
u(q) > u(q).
B3: u(q) is quasiconcave, i.e. the set of quantities q leading

to utility u at least B(u) ={qlu(q)>u} is convex for any

U€ R (B comes from better).

Respectively, for any utility function u(q) satisfying
Conditions B a indirect utility function v(p,C) (or v(r,1))
satisfying Conditions A' (or A) may be derived from (9).
Therefore direct and indirect utility functions are equally
appropriate means of representing consumer's preferences. Thisis

the esscence of "duality" in the theory of consumer's choice.

For purposes of later reference we call a function h(p,C) from

q %] . n q . . G .
a region Q*cm3+11nto R, a demand function if it satisfies

BC. Budget condition: ¥(p,C)€Q* : p-h(p,C) <C.

A demand function may or may not satisfy also

B. Balance: Vv(p,C)EQ* : p-h(p,C) =C,

H. Homogeneity of degree zero: V(p,C)EQ* : VA > 0;
h(ap,AC) = h(p,C) = h(p/C,1),

‘see Vartia (1978) and its references. A demand function h(p,C)

may or may not be associated with some utility function u: mf-»nn
We say that a utility function u: R2-+H2 represents a demand
function h: Q*»Imf if h(p,C) is the unique u-maximal element
in any budget set B(p,C) = {q|p-q<C}, i.e. for all (p,C)eq*:

¥q€B(p,C) : q#h(p,C) =u(q) <u(h(p,C)).

A demand function h(p,C) is representable by a utility function
if there cxists some utility function u(q) representing it.

For our present purposes it is sufficient to consider only
utility functions u(q) satisfying conditions B. This will give
rise to the following (rather strong) utility hypothesis:

Ull: Utility hypothesis

The demand function h: @* - R” is reprcsentable by a utility
+ 2EPIEBEnsRDAE DY

function u(q) satislying conditions B.



Because an indirect utility function v(p,C) representing the

same preferencies exists by duality a demand function h(p,C)

S
satisfying Ull has in the differentiable case also a representation

h(p,C) = h(r,1) = Vv(r,1)/Vv(r,1) -t = CVv(p,C)/p.Vv(p,C. It

satisfies necessarily also B and H.

We return to the compensated expenditure in the case of price

change po-»pl. In the base situation prices p0 and expenditure

O - nep?,c%. The old

O,CO) - VO_

C0 determine the consumption bundle q
utility level is uo = u(q) = u(h(po,co)) = v(p
The compensated income El given in (8) may be determined
equally well as the solution of

1 =1

(14) v(p’,c® = vel,eh .

Equation (14) says, that unde; new prices pl.expenditure El

is just enough to maintain the old utility level. Because
'v(pl,C) is increasing in C any C> Cl would result to higher
utility. An altermative but equivalent definition to (4) would
therefore be

=1
as)  petp% u’ =&,

a

1

where G~ satisfies (14).

Usually the old consumption bundle q° costs more than Gl

dollars under pl—prices, because by changing the old consumption
pattern in the face of new relative prices the consumer may
adjust himself to the new situation. Or in other words:

the Laspeyres price index

1 0 1 0 _ P-4 2.0
(16) PL(P )P ,47,9) = ——p = _E Wi(Pi/Pg):
P -q i=1
vhere wg = pgqg/po- q0 = vg/c0 = the old value share, always

exceeds the 'true' cost of living, i.e.

(17) PL(pl,po,ql,qo)zP(pl,po; uly .
Therefore
as & = ehp%atd%c

= =z wl (pl/pd)1c”

is more than is needed to retain the old level of consumption,

i.e. shortly 613 ek,
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2. - COMPL&CATIONS CAUSED BY SAVING

But if saving S appear, so that the income Y = C + S no longer
equals the total consumption expenditure C, thenwe cannot apply
without additional comments previous results. Although it is a
common practise to deflate the income ratio Yl/Y0 by some price
index Pé (usually by the official consumer price index calculated
by Laspeyres' formula) in order to 'calculate’ (or rather to

‘define') the change in real income, this (essentially sound)

practise does not straightly follow from the theory of consumer's

choice. Their connections are, however, quite apparent. Let's

0

denote by q (a]) the consumption bundle which would be bought by

total incone YO = C0 + S0 (Yl = C1 + Sl)-under po-prices (pl—
prices): i.e. ﬁo = h(pO,YO) and ﬁl = h(pl,Yl). These bundles
are usually different to the actual bundles q0 = h(po,CO) and

1

q- = h(pl,Cl) bought by consumption expenditures Y

and ¢l in

the same situations. For instance ﬁo = h(pO,YO) = h(pO,CO+ So)>

h(pO,CO) = qo if Y0> CO or s « Yo- CO> 0. In the case of negative

saving Y2 < c® and h(pO,Y0)<(h(p0,C0). The consumption bundles

(19) 7% = ne® YY) = e + sY
(20) T = neetYh) = neet,ct + s

represent alternative possibilities of choice for the consumer,

1

where he has usecd also his actual saving s® ana st in buying

consumer goods.

12

The purchasing power of income is connectedwithbundles(19);(20),

which the agent is able to buy with his income Y = C + S in the

two situations. Evidently, in the usual way of thinking the new

1 1 1

= C" + S” is regarded to contain mere purchasing power

0

income Y
than the old income Y = C0 + 80 if it can buy more consumer's
goods, i.e. if al lies on a higher utility level than

HO :Hl aO or u(al)>-u(ao); This is in accordance with the
definition of Keynes (1930, p. 54): '"We mean by the Purchasing
Power of Money the power of money to buy the goods and services
on the purchase of which for purposes of consumption 2 given
community of individuals expend their money income'. An numerical
measure of the purchasing power of Y1 in relation to that of YO

is provided e.g. by the Paasche's type Allen quantity index

1

~] i ~1
@) Q@i ph = feau@d) oL
copt, u@®)  cet, u@

This is a straightforward application of the theory of consumer's

choice the calculations being made as if all income were consumed,
and saving were identically zero. Just like in equations (6)-(7)

the standard of living index (21) is the result of deflation,

when the inceme ratio Yl/Y0 is deflated by the Laspeyres' type

Koniis cost of living index:

y!/y0 %)
P(pt,p’; u(@)) Py

(22) Q(@,3%; ph =

Thus Q(H],Ho;pl)> 1 iff recual ncw income Yl/Pé (which equals the
rcal consumption C]/Pé plus recal saving Sl/Pé) is greater than old

income YO=(f‘+SO.Thiscomcsncnrrolbhcr's(1976) favourite

definition Fof real income as the sumof real consumption and real saving.
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This provides an casy and natural method to estimate the relative
purchasing power of two incomes Y! and Y° because the cost of

living index

. 1~
(z)  peet,p% w(@®) = e u@))
Clp~, u(g™))

.

is easily approximated. In order to use (21) the bundles ql and
q0 and therefore the demand function h(p,Y) should be known.
If Pé is an approximation of (23) then, of course, an approximation

1~ .
of Q{q ,30; pl) is
(24) QG = —1—

An excellent approximation Pé of (23) would normally be
1 0 S A
. Cp~, u(a™))
(24) ppl,p% u®)) = G 7
c’, u@@®)

0 . h(po,Co) and u(qo) is the actual level of living

where q
bought by the old consumption expenditure c®. The only difference
between (23) and (24) is the utility level U(HO) and u(qo)

which usually changes the cost of living index only marginally.

If the preferences of the consumer are homothetic then {(23) and

(24) give exactly the same result.

A practical and fairly good approximation of both (23) and (24)
is provided by the Laspeyres' price index (16). Jts approximation
error would be negligible if either the price changes are almost
0

. . 1 .
proportional, i.c. p s kp  for some k>0, or all the price changes

(p:il/pg) -1 are swmall.

14

To be precise, (21) and (22) measure the purchasing power of

income Y1 in relation to Y0 in the market for consumption goods.

The addition is essential. All income is thought to be used for
buying consumer's goods. If the purchasing powers of Y1 and YO
arc cqual in the market for consumption goods, then Q(El.E; Pl) =

1 and Y'/Y0 = pepl,0%; u@®).

Generally, if prices change, p0-¢p], the consumption compensated

. ¢ s1 . .
income, or shortly C-compensated income Y~ satisfies

(25) 0 = B or

(26) - ply?,
. 1 1.0 ~0 . 2 1
where P0 = P(p ,p ; u(q )). If the prices have increcased 100P0
per cent then the C-compensated income 71 must exceed Y0 by the

same relative amount in order to maintain its purchasing power

in the consumption market.

This is the theoretical analysis of the ordinary and quite natural
method of defining the purchasing power of income by deflation.
Although it is deeply rooted in the theory of consumer's choice

it has, howe&er, some theoretical weaknesses and a more precise
(but somewhat more complicated) mcthod may be developed. The

role of saving as a source of wclfare must be analyzed more

carefully. This is the task we will consider next.
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3. THE EXPERIENCED UTILITY OF CONSUMING AND SAVING
Let's denote by
(27) V(p,C,S; X)

the (somewhat loosely defined) cencept of (indirect) utility
cornected with prices of consumption goods p, total consumption
cxpenditure C, total saving S =Y - C and other relevant
variables X (such as personal characteristics, attitudes, health,
social relations, wealth, employment, interest rates, price
expectations etc.) of the experiencing 'pleasure machine', e.g.
perscn or household. Although 'other relevant variables' X may
be of grecat significance to the welfare of our pleasure machine,
these influences arce ordinary ignored from the analysis by .
assuming that X remains practically constant. In that case (27)
is shortened to V(p,C,S). However, we must occasionally discuss
the role of 'other relevant variables' in order to draw a line \
between the welfare effects to be included in the analysis and
other more genecral welfare effects (say of health, social
relations, or wealth) which are not analyzed in detail. An
alternative concept is the (more or less direct) ﬁtility

function U : REE x R-» R defined by

(28) Uth(p,C),p,8) = V(p,C,S) .

More intuitively U(q,p,S) gives the utility corresponding to the

consumption bundle q = h(p,C), their prices p and saving §.

16

Because of the importance of consuming (when X has been fixea)

we may say, that q is the impqrtant variable in U(q,p,S), while

p and C mostly determine V(p,C,S). We, so to speak, try to add
the welfare effects of saving to the standard utility theor&, where
either the direct utility u(q) related to the consumptionofq or
the indirect utility v(p,C) =u(h(p,C)) related to the consumption

possibilities given indirectly by p and C are considered.

We describe the welfare experienced when a certain bundle of

goods q = h(p,C) is consumed during a given period and a given
sum of money S = Y - C (as a rule S> 0, but S<0 is also possible)
is saved, i.e. left over to be used later. We do not analyze '
whether our agent has any spesific plans concerning the future

use of § or in what form it is restored. The details of the

future are unknown and unsure to our agent, which is relying

on his or her expectations about the future course of events.

The allocation of income Y between consumption expenditure C

and saving S must be based on comparing the current satisfaction
of consuming C and the current satisfaction of not consuming S

now but laterl). The current satisfaction of saving consists
mainly of the knowledge that S may be consumed later, in some
way or another. Saving is expected to produce welfare in the
future, but this mental process of expecting weclfare in the
futurc is a form of currcnt welfare. The mere fact that

people do not consume all their income nor their wealth now

(although it is a possibility) shows, that they do not find

1) We suppose, unless otherwise stated, that S is positive which
is the normal case. Negiative saving or dissaving may be trecated
analogously.
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it worth while doing so. The act of saving usually a part of
their income is considered a better choice, i.e. uchoiceyroducing The real difficulty in explaining saving compared to explaining
more satisfaction now. Only withchildren and in some expectional consumption is that the consumption of goods is much more
states of mind caused e.g. by heavy drugs or mental discasecs easily quantified in terms of physictal or other suitable
the time horizon seems to shorten practically to zero. units. On the othcr hand only the money value of saving is

ordinarily estimated with some prccision while the physical

The composition of saving S necd’not be reprecsented in the units of different forms cf saving arc as a rule lacking.

model. Saving may occur in the form of various assets in banks Therefore we cannot construct any direct utility function

or savings and loan associations, as purchases of bonds or for saving (as we can in the case of consumption) but indirect
obligations, payments of insurance premiums, repayments of utilities need to be applied instead. In short: the generalizaticn
debts, etc. If § = Sl+"'+sK’ where sk's are different componentsl) of utility theory to include also saving decisions must be

of S then both S and all Sk's may be expressed as functions of carried out via indirect utilities.

prices p, income Y and "other relevant variables" X. In the
3 3 ”
allocation of § into Sl""’sk the role of "other relevant There are other attempts to generalize consumer theory to

- " s i - & G 3 3 . S = 3 . -
variables" X will be crucial. But in allocation of Y into C include also saving decisions. The first idea is to deflate

qnd S only an overall knowledge‘of the economic situation and the saving S by some "price index" P and calculate "real

a rough description of our agent's intentions are necessary. saving g5 G/P vhich 16 added a5 an wrEumene to the difest
utility function u(q) = u(q1,...,qn). The generalized utility

The relative utilities of different forms of saving Sk depend of consuming a quantity bundle q and saving S money units is

on their yields, liquidity, safety etc. But their relative here taken to be U(q, S/P), where the "real saving” S/P is

popularity is also strongly dependent on the economic knowledge treated in a similar way as any physical quantity a;- ‘he

’

7 . % 3 ] N . % -
of our agent: an ordinary saver doesn’t buy shares, bofids of unsolved difficulty of this approach is how the "price index"

1 3 1 r Tals e - . . &
gold although a more cconomically educated saver could. Lack P should be defined. Usually it is some cxogenous function

s ; < 2 o s ) 2 . . . 0 N
of information is here a more pronounced aspect than in purc of prices, say P = P(p) = Lci(p/pi)/zci’ where c; >0 and

umer Z special inf ati is
consumer theory, because such special information is not Pg> 0 are cxogcnous constants.

generally needed in buying consumer's goods, perhaps with the
ying g P i

exception of some highly developed consumer durables. In this approach the definition of "rcal saving" is carried out

outside the thecory (cxogenously) as in our attempt the right

1) Aswewillargue later there are cven loyi
deconpose S into SJ,...,SK;'hzothcr\un

cal difficulties to "deflator" of S (so to speak) is derived within the theory.
S the representation

S= S,+...+anmsl be highly arbitrary. Therefore such decom-

L

positivns shouldn't be regarded very intevesting nor important.
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It is not our aim to deny the intuitive content of this
mathcematically straightforward generalization U(q, S/P)

of the ordinary utility function u(q), but this theéry seems
to be too rigid and special to provide a systematic starting
point for discussions about the compensated income in

consumption-saving economy.

It will be an interesting task to compare the implications
of U(q, S/P)-theory and our V(p,C,S)-theory, which we shall

ieave to the proponents of the former theory.

The second and more widely used idea to generalize consumer

theory is the intertemporal theory, where in addition to the

'current' period v also one or more future periods

t+1, t+2,... are considered. In the two period model U(qt, qt+1

)
is used as a generalization of the one period utility function
u{q), or in fact u(qt). In the intertemporal theory current

and future consumption decisions are determined by the same

maximization of U(qt, qt+1

) subject to a gecneralized budget

or wealth constraint. By saving (or dissaving) income is
transformed from one period to another. Intertemporal preference
theory is a-beautiful but complicated mathematical theory, see
e.g. Strotz (1955), Pollak (1968), Koopmans (1970), Blackorby,
Primont and Russel (1978, p. 341-356).Pollak (19068, 1975) cunsiders
different definitions of the true cost of ]jviné index in thi;
framework, but there is no concensus Lhow the cost of living

index and the purchasing power of income shouldbe calculated in
the intertemporal theory. Thesc difficulties of the inter-
temporal thecory arise becausc anoptimum for some period

depends as a rule cf data from all other periods.
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The great theoretical difficulty of the intertemporal preference
theory is the once-and-for-all-determination of the 'optimal!
consumption plan and the corresponding (life time) income
allocation. This is alsoan indication of its unrealism. The
future is treated as if the economic agent had a perfect
foresight and knowledge of all relevant futurec events, e.g.
of prices and of his preferencies. Because this is not
(fortunately!) the case people do not even try to determine
their future consumption plan in all its detailsduringan;
planning period. Because of its unrealism and mathematical
complexity we have not taken the intertemporal theory as our
starting point. Our aim is to develop a new V(p, C,S)-theory,
which is mdre general than U(q, S/P)-theory, but simpler and,
as we see it, more realistic than the intertemporal theory .
Philosophically V(p,C,S) is an expression of the estimated
experienced welfare now resulting from consuming C and saving

(dissaving) S money units under prices p = (p];...,pn).

Sometimes it is argued that the structure or composition of
saving should be taken into account in the estimation of the
welfare effects of saving or its price index. It may be argued
e.g. that the (expected) price development of say stocks and
forests (land) may differ considerable or that saving used

for repayment of unindexed loans does not need compensation

in an inflationary situation while e.g. investment in stocks
usually does. These comments may be valuable in the allocation
of wealth or in choosing the optimal asset portfolio but they
are to a large cxtend irrelevant and even impossible to take
into account in analyzing the welfare effects of saving.

They are symptoms of an insuflicient separation of accumulated
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savings, or wealth from saving, which is a common source of
confusion. To make our point clear we would like to stress

that the impossibility to disaggregate the saving (i.e. the
difference of disposable income and consumption) into different
components cor uses is not a practical difficulty caused by the

lack of suitable data but a logical impossibility. There does

not exists any such thing as "saving disaggregated to different

uses'". This is mere misuse of words.

To give an example, consider periods of increasing length
starting from a given point of time. Suppose that saving during
the first five months is positive, say 20 % of income, and
imagine for a while that it is decomposed in come way to

'"its different uses'". During the next month consumption exceeds
the menthly income considerably (e.g. because of vacation) so
that total saving during the fi;st half a year drops to 5 %

of income. How should the negative saving of the last month

be deducted from the "different uses of saving" of the first
five months to get the decomposition of saviné for the first
half a year? To our knowledge no methed of decomposition has
been nor can be presented. To demonstrate the difficulty

even more forcefully, suppose that during the seventh month

a piano is bought which turns total saving negative. We will
continue to regard the decomposition impossible unless someone
presents a logical and operational way of decomposing saving

to its different uses during any observation period.
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We are not arguing that this will hinder us to speak of

different motives of saving. According to Keynes (1936, p. 107-8)

there arc, in general, eight main motives or objects of a
subjective character which lead individual to refrain from
spending out of their incomes. Keynes calls them the motives

of Precaution, Foresight, Calculation, Improvement, Independence,
Enterprise, Pride and Averice. Thecse motives describe the

process of saving and consuming in general terms, not the
individual decisions, and they are directed to keep the stock

of wealth in harmony with the individual preferencies.

Although individual saving as a fluctuating difference of the
flow of income and the flow of consumption cannot be ohjectively
divided into different uses it comprises together with changes
in valuation the change in Net Wealth. The Net Wealth equals
Material Wealth plus Claims minus Liabilities, the three of
which have, of course, natural subdivisions according to their
"uses'". It would be a very ambitious and difficult task to

try to derive consumption and saving decisions from a utility
model including as well the optimal allocation of wealth.

Our aims are not so ambitious but the wealth side is left
unanalyzed. We deliberately refuse to take into account in

Sur model the welfare effects of changing wealth portfoiio

but concentrate on the welfare derived from the disposable
income of our decision maker. Thus we will concentrate on the

welfare expericnced by the decision maker in the role of an

income user, which is just the role of a consumer-saver.

































































































































